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, Levi form , .
1 Levi
, Stein , Stein
. Stein , . Oka (
$)$ , $\mathbb{C}^{n}(n\geq 2)$ ,
, Hartogs
, $\mathbb{C}^{n}$ ([21], [22]). Oka
Cartan-Thullen , $\mathbb{C}^{n}$ ,
. (
) 1 , $D$ $\mathbb{C}^{n}$ , $\delta_{\partial D}$ $D$ $\partial D$
Euclid , $-\log\delta_{\partial D}$ $D$ . $\mathbb{C}^{n}$
, $||z||^{2}= \sum_{i=1}^{n}|z_{i}|$ , $\varphi:=-\log\delta_{\partial D}+||z||^{2}$
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, $D$ exhaustion function . $\varphi:Darrow \mathbb{R}$ , $\alpha\in \mathbb{R}$
$D_{\alpha}$ $:=\{z\in D :\varphi(z)<\alpha\}\Subset D$ , $D$ exhaustion function .
$\varphi$
$C^{2}$ , $C^{2}$ , $D_{\alpha}$
2 . , $D$
, Oka .
, Grauert [8] , Stein , $D$
Stein , $D$ exhaustion fumction
.
, $D\subset \mathbb{C}^{n}$ $S:=\partial D$ $C^{2}$ , $S$ Levi
. , $S$ $C^{2}$ $\rho(d\rho\neq 0)$ $\rho=0$ ,
$D=\{z\in \mathbb{C}^{n}:\rho(z)<0\}$ , $D$ ,
$\sum_{i=1}^{n}\frac{\partial\rho}{\partial z_{i}}(z)\zeta_{i}=0\Rightarrow.\sum_{j=1}^{n}\frac{\partial^{2}\rho}{\partial z_{i}\partial\overline{z}_{j}}(z)\zeta_{i}\overline{\zeta}_{j}\geq 0$ $(*)$





Levi $(*)$ , $\Gamma\geq 0_{J}$ $\text{ _{}>0_{\lrcorner}}$ , $D$
$S$ . , $\geq$ 0 $\ulcorner_{=0_{\lrcorner}}$
, $S$ Levi .
, $D(\subset \mathbb{C}^{n})$ , $\log\delta_{\partial D}$ $D$ (
) , . , $D$ $S$ Levi
, $\log\delta_{\partial D}$ ( $1/\delta_{\partial D}$
$)$ . , .
1 $-\log\delta_{\partial D}$ , $\partial D$
.
, , .
2 $-\log\delta_{\partial D}$ Levi form , $\partial D$ .
, $D$ exhaustion function
, $D$ ( $\mathbb{C}^{n}$ ) K\"ahler , $\delta_{\partial D}$
(Euclid $\langle$ ) $K$ hr $t$ ; . ,
40
, $D\subset \mathbb{C}^{n}$ , .
, . , $D\subset \mathbb{C}^{n}$ , 1,
2 , . Levi
, K\"ahler , $D\subset \mathbb{C}^{n}$
Levi form , .
2 Levi
, Levi , .
, $D$ (locally Stein) .
, Oka , $D\subset \mathbb{C}^{n}$ , $\delta_{\partial D}$ Euclid , $-\log\delta_{\partial D}$
. , Fujita ( ) [6] , $\mathbb{P}^{n}$ Levi
, Takeuchi ( ) [26] , .
, $D\subset \mathbb{P}^{n}$ , $\delta_{\partial D}$ Fubini-Study , $-\log\delta_{\partial D}$
. Takeuchi [27] , $X$ K\"ahler ,
$D\subset X$ , $\delta_{\partial D}$ K\"ahler , $-\log\delta_{\partial D}$
. , $X$ ,
, Goldberg-Kobayashi [7]
. , Elencwajg [3] Suzuki ( ) [25] , K\"ahler
$X$ , $-\log\delta_{\partial D}$
. , Greene-Wu [9] , 2
.
, , $q$- $(1\leq q\leq n)$ ,
$-\log\delta_{\partial D}$ $q$- ([13], [14]). , , $\mathbb{P}^{n}$
$q$ $M$ $\mathbb{P}^{n}\backslash M$ , Andreotti-Grauert q-complete,
$M$ , q-convex ( $\overline{q}=n-[n/q]+1$ ,
$[]$ Gauss ).
Takeuchi Greene-Wu , $\log\delta_{\partial D}$ Levi form
, $D$ K\"ahler $X$
. $D$ $\partial D$ , ,
$\partial D$ $\delta_{\partial D}$ $D$ $M$ $\delta_{M}$
, $\log\delta_{\partial D}$ $\log\delta_{M}$ , $f(z)$ ( )
$-\log|f(z)|$ . $-\log\delta_{\partial D}$ Levi form
, $D$ K\"ahler $X$
, $\partial D$ , $\partial D$ ( Levi ) ,
41
( ) . $M\subset \mathbb{C}^{n}$ , $-\log\delta_{M}$
Levi form , $M$ linear (\S 3, 1).
, $-\log\delta_{\partial D}$ , $X$
K\"ahler , $D\Subset X$ Levi . , Grauert ,
$T^{n}(n\geq 2)$ , Levi .
, $T^{n}$ , (cf. Siu [23]).
, Grassmann , ( ) , Levi
(Ueda[28]).
, ( 1995 ), $\mathbb{P}^{n}(n\geq 2)$ Levi
, . , Lins-Neto
[12] , $\mathbb{P}^{n}(n\geq 3)$ Levi ,
. $C^{\infty}$ $C^{2}$
, (cf. Siu[24]). , $T^{n}(n\geq 2)$
Levi ( )
, Levi
$($cf. Brunella $[$2 $]$ , $O$hsawa $[$19$]$ , $[$20$])$ .
1 , $X=\mathbb{P}^{n}$ $T^{n}$ , $S$ $X$ Levi
, $X\backslash S$ Stein . Fujita, Takeuchi
$\mathbb{P}^{n}\backslash S$ Stein , $X=T^{n}$ , $T^{n}\backslash S$ Stein
, .
, $C^{2}$ $S$ Levi ,
, foliate
. , $S$ Levi , $S$ $p$ , $p$
$M$ , $p\in M\subset S$ . ,
$\mathbb{T}^{n}$ $D$ Stein , $\delta_{\partial D}$ Levi
form , $\mathbb{C}^{n}$ $M$
$S$ , Euclid Levi form (1 ) .
, Levi form , , .
3 $\mathbb{C}^{2}$ Levi form
Levi form , $M$ $\mathbb{C}^{2}$ . $M\subset \mathbb{C}^{2}$
, $V\subset \mathbb{C}$ $f$ : $Varrow \mathbb{C}$
$M=\{(t, f(t))|t\in V\}$
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, $\delta_{M}(z)$ , $z=(z_{1}, z_{2})\in \mathbb{C}^{2}$ $M$ Euclid .
, $M$ , $\log\delta_{M}$ Levi form .
1 (Levi form (1) [18]) $p\in M$ , $p$ $U\subset \mathbb{C}^{2}$ ,
$(z_{1}, z_{2})\in U,$ $(\zeta_{1}, \zeta_{2})\in \mathbb{C}^{2}$
$\sum_{\dot{\iota},j=1}^{2}\frac{\partial^{2}(-\log\delta_{M})}{\partial z_{i}\partial\overline{z}_{j}}(z_{1}, z_{2})\zeta_{i}\overline{\zeta}_{j}$
$= \frac{|\frac{\partial}{\partial 1}|^{2}|\zeta_{1}+\frac{\partial\overline{f}}{2_{-}\partial\overline{t}}\zeta_{2}}{2(|\frac{\partial f}{\partial t}|^{2}+1)^{2}\{(\frac{\partial f2t^{2}f}{\partial t}|^{2}+1)|\frac{\partial^{2}f1^{2}}{\partial t^{2}}|^{2}|z_{2}-f(t)|^{2}\}}t=t(z_{1},z_{2})$
. , $t=t(z_{1}, z_{2})$
$z_{1}-t+ \frac{\partial\overline{f}}{\partial\overline{t}}\{z_{2}-f(t)\}=0$ $(**)$
.
1 , $(z_{1}, z_{2})\in U$ $M$ $(t(z_{1}, z_{2}), f(t(z_{1}, z_{2})))$ .
$(z_{1}, z_{2})$ $\log\delta_{M}$ ( $\delta_{M}$ ) Levi form , $(z_{1}, z_{2})$ $M$
, $(**)$ , ( ) .
1 , $M$ $p\in M$ linear , $\log\delta_{M}$ Levi form ,
$M$ $p$ $z$ 1 ,
$1/\delta_{M}$ $z$ . .
1 ([18]) $S$ 2 $T^{2}$ $C^{2}$ Levi , linear
, $T^{2}\backslash S$ Stein .
4 $\mathbb{C}^{n}$ Levi form
, $M$ $\mathbb{C}^{n}(n\geq 2)$ . $M$ $r$ , $q$
$(r, q\geq 1)$ , $M\subset \mathbb{C}^{n}$ , $V\subset \mathbb{C}^{r}$ $f=(f_{i}, \ldots, f_{q}):Varrow \mathbb{C}^{q}$
$M=\{(t, f(t))|t=(t_{1}, \ldots, t_{r})\in V\}$
. , , (Euclid
$)$ unitary , $(z, w)=(z_{1}, \ldots, z_{r};w_{1}, \ldots, w_{q})$
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$\mathbb{C}^{n}=\mathbb{C}^{r}\cross \mathbb{C}^{q}$ , $0=(0, \ldots, 0)\in V$ ,
$f_{\mu}(O)=0$ , $\frac{\partial f_{\mu}}{\partial t_{i}}(0)=0$ $(1\leq i\leq r, 1\leq\mu\leq q)$
. , $\mathbb{C}^{n}=\mathbb{C}^{r}\cross \mathbb{C}^{q}$ $(0,0)$ $M$ , $M$
$(0,0)$ $w_{1}=\cdots=w_{q}=0$ . , $||w||= \sum_{\mu=1}^{q}|w_{\mu}|^{2}$
, $(0, w)\in \mathbb{C}^{r}\cross \mathbb{C}^{q}$ $M$ , $(0,0)$ .
$\delta_{M}(z, w)$ $(z, w)\in \mathbb{C}^{n}$ $M$ Euclid , $\varphi(z, w)=-\log\delta_{M}(z, w)$
. $r$ Hermite $\Phi(w)$ $F_{\mu}(t)(1\leq\mu\leq q)$





2 (Levi form (2) [15]) $\epsilon>0$ , $0<||w||<\epsilon$
$\Phi(w)=\frac{1}{2||w||^{2}}\overline{\mathcal{F}(w)}\mathcal{F}(w)[E-\overline{\mathcal{F}(w)}\mathcal{F}(w)]^{-1}$
.
2 $\varphi(z, w)=-\log\delta_{M}(z, w)$ complex Hessian matrix
$(_{(\partial^{2}\varphi/\partial w_{\mu}\partial_{j}^{\frac{j}{z}})}^{(\partial^{2}\varphi/\partial z_{i}\partial\overline{z})}$ $(\partial^{2}\varphi/\partial w_{\mu}\partial\overline{w}_{\nu})(\partial^{2}\varphi/\partial z_{i}\partial\overline{w}_{\nu}))(0, w)=(\begin{array}{ll}\Phi(w) OO \Psi(w)\end{array})$
. , $\Phi(w)$ $r$ Hermite , $\Psi(w)$
$\Psi(w)=(\partial^{2}(-\log||w||)/\partial w_{\mu}\partial\overline{w}_{\nu})_{1\leq\mu,\nu\leq q}$
$q$ Hermite .
, $F_{\mu}(t)(1\leq\mu\leq q)$ $J(t)=(F_{1}(t), \ldots, F_{q}(t))$ ,
$t_{j(t)}$ , Gauss







Jacobi . Fischer-Wu [4] Gauss
, $M$ $(J(t)$
44
rank maximal $(t, f(t))$ ) , $t$
rank $J(t)<r$ .
2 , Levi form .
2 ([15]) $\dim M=1,2,$ $n-1$ , $\mathbb{C}^{n}$ $M$
, $-\log\delta_{M}$ Levi form $M$
.
, , $n\geq 5,$ $\dim M\neq 1,2,$ $n-1$ ,
, Levi form . , $\mathbb{C}^{5}$
$M=\{(z_{1}, z_{2}, z_{3};w_{1}, w_{2})\in \mathbb{C}^{5}|w_{1}=z_{1}z_{2}, w_{2}=z_{1}z_{2}+z_{1}z_{3}\}$ ([15]).
5 $\mathbb{C}^{2}$ Levi form
, $\mathbb{C}^{n}$ Levi form ,
Levi $S$ $\delta_{S}$ Levi form
. $S$ $M$ $\delta_{M}$ $-\log\delta_{M}$ Levi form
, $-\log\delta_{S}$ Levi form .
, $S$ $\mathbb{C}^{2}$ , $-\log\delta_{S}$ Levi form
.
$S$ $\mathbb{C}^{2}$ $C^{2}$ , $p_{0}=(0,0)$ , $p_{0}$ $C^{2}$ $r$
$y_{2}=r(x_{1},y_{1},.x_{2})(z_{i}=x_{i}+\sqrt{-1}y_{i})$ . , $S$
$p0$ $y_{2}=0$ $\mathbb{C}^{2}$ . , $|y|$
$(y\in \mathbb{R})$ , $S$ $p_{0}$ $p_{y}=(0, \sqrt{-1}y)$
$S$ , $Po$ .
$S$ $r$ 2 $A$




. , $p_{y}=(0, \sqrt{-1}y)$ Levi form
$L[- \log\delta_{S}](p_{y}, \zeta)=\sum_{i,j=1}^{2}\frac{\partial^{2}(-\log\delta_{S})}{\partial z_{i}\partial\overline{z}_{j}}(p_{y})\zeta_{i}\overline{\zeta}_{j}$ , $\zeta=(\zeta_{1}, \zeta_{2})\in \mathbb{C}^{2}$
. .
3 (Levi form (3) [16]) $\epsilon>0$ , $0<|y|<\epsilon$ ,
Levi form $L[-\log\delta_{S}](p_{y}, \zeta)$ .
(i) $(a, b, c, d, e)\neq(O, 0,0,0,0)$
$L[- \log\delta_{S}](p_{y}, \zeta)=\frac{yh_{11}(y)|\zeta_{1}+\overline{\frac{h_{12}(y)}{2h_{11}(y)\det(E}}\zeta_{2}|^{2}+\frac{\mu(y)}{h_{11}(y)}|\zeta_{2}|^{2}}{4y-yA)}$
(ii) $(a, b, c, d, e)=(0,0,0,0,0)$
$L[- \log\delta_{S}](p_{y}, \zeta)=\frac{|\zeta_{2}|^{2}}{4y^{2}(1-fy)}$
, $\log\delta_{S}$ 1 $p_{y}=(0, \sqrt{-1}y)(0<|y|<\epsilon)$
.
3([16]) $\log\delta_{S}$ .
(i) $(r_{x_{1}x_{1}}+r_{y_{1}y_{1}})(0,0,0)<0$ , $-\log\delta_{S}$ $p_{y}(-\epsilon<y<0)$
.
(ii) $(r_{x_{1}x_{1}}+r_{y_{1}y_{1}})(0,0,0)<0,$ $(r_{x_{1}x\text{ }}, r_{x_{1}y_{1}}, r_{y_{1}y_{1}})(0,0,0)\neq(0,0,0)$ , $-\log\delta_{S}$
$p_{y}(0<|y|<\epsilon)$ .
(iii) $(r_{x_{1}x_{1}}+r_{y\iota y_{1}})(0,0,0)=0,$ $(r_{x_{1}x_{1}}, r_{x_{1}y_{1}}, r_{y_{1}y_{1}}, r_{x_{1}x_{2}}, r_{y_{1},x_{2}})(0,0,0)\neq(0,0,0,0,0)$
, $-\log\delta_{S}$ $p_{y}(0<|y|<\epsilon)$ , $1/\delta_{S}$
$p_{y}(0<|y|<\epsilon)$ .
3 $\rho(z_{1}, z_{2})=y_{2}-r(x_{1}, y_{1}, x_{2})$ , 3 ,
.
(i) $r_{x_{1}x_{1}}+r_{y_{1}y_{1}}<0\Leftrightarrow\rho_{z_{1}\overline{z}_{1}}>0$
(ii) $r_{x_{1^{X}1}}+r_{y_{1}y_{1}}=0,$ $(r_{x_{1}x_{1}}, r_{x_{1}y_{1}}, r_{y_{1}y_{1}})\neq(0,0,0)\Leftrightarrow\rho_{z_{1}\overline{z}_{1}}=0,$ $\rho_{z_{1}z_{1}}\neq 0$
(iii) $r_{x_{1}x_{1}}+r_{y_{1}y_{1}}=0,$ $(r_{x_{1}x_{1}}r_{x_{1}y_{1}}, r_{y_{1}y_{1}}, r_{x_{1}x_{2}}, r_{y_{1},x_{2}})\neq(0,0,0,0,0)\Leftrightarrow\rho_{z_{1}\overline{z}_{1}}=0$,
$(\rho_{z_{1}z_{1}}, \rho_{z_{1}z_{2}})\neq(0,0)$
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, $S$ $p_{0}$ $z_{2}=0$ , $\rho_{z_{1}\overline{z}_{1}}(p_{0})\geq 0$
\S 1 Levi $(*)$ .
, 1 .
([16]) $\mathbb{C}^{2}$
$S=\{(z_{1}, z_{2})\in \mathbb{C}^{2}|z_{2}=t(z_{1}+1), t\in \mathbb{R}\}$
$S$ . $S$ foliate , Levi .
$S$ $(-1,0)$ , $S$ $(0,0)$ .
$z_{i}=x_{i}+\sqrt{-1}y_{i}(i=1,2)$ $z_{2}=t(z_{1}+1)(t\in \mathbb{R})$
$x_{2}=t(x_{1}+1),$ $y_{2}=tyi$ , $S$ $(0,0)\in \mathbb{C}^{2}$
$y_{2}= \frac{y_{1}x_{2}}{1+x_{1}}=y_{1}x_{2}(1-x_{1}+x_{1^{2}}-\cdots)$
. , 3 $e=1,$ $(a, b, c, d, f)=(0,0,0,0,0)$ , Levi
form $0<|y|<\epsilon$
$\sum_{\dot{\iota},j=1}^{2}\frac{\partial^{2}(-\log\delta_{S})}{\partial z_{i}\partial\overline{z}_{j}}(0, \sqrt{-1}y)\zeta_{i}\overline{\zeta}_{j}=\frac{1}{4(1-y^{2})}|\zeta_{1}+\frac{\sqrt{-1}}{y}\zeta_{2}|^{2}$
. $\log\delta_{S}$ $p_{y}=(0, \sqrt{-1}y)(0<|y|<\epsilon)$ $\zeta_{2}=0$
, $1/\delta_{S}$ $p_{y}(0<|y|<\epsilon)$ .
3 3 , $S\subset \mathbb{C}^{2}$ , $-\log\delta_{S}$ Levi form $1$
, $1$ .
4 (Levi form (1) [16]) $S$ $\mathbb{C}^{2}$ $C^{3}$ , $p_{0}$ $S$ 1
. $p_{0}$ $U\subset \mathbb{C}^{2}$ $-\log\delta_{S}$ Levi form $U\backslash S$
( $0$ ) , $\mathbb{C}$
$C^{3}$ $A$ $S=(\mathbb{C}\cross A)\cap U$ .
, 2 $T^{2}$ $C^{3}$ $S$ $D$ Stein
. , $\pi$ : $\mathbb{C}^{2}arrow T^{2}$ canonical projection , $\mathbb{C}$ $C^{3}$
$A$ $\pi^{-1}(S)=\mathbb{C}\cross A$ , $D=T^{2}\backslash S$ Stein .
, $S$ $C^{3}$ $C^{2}$ . ,
Levi form (1 1 ) ,
. 3 Levi form , $S\subset \mathbb{C}^{2}$ $\mathbb{R}^{4}$ 3
, , .
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, Levi form , $\mathbb{C}^{n}$
Levi form .
6 $\mathbb{C}^{n}$ Levi form
$S$ $p_{0}\in \mathbb{C}^{n}(n\geq 2)$ $C^{2}$ , $z=(z_{1}, \ldots, z_{n})$ $p_{0}$
$\mathbb{C}^{n}$ . $0^{*}=(0,0)\in \mathbb{C}^{n-1}\cross \mathbb{R}$ $V$ $C^{2}$ $r:Varrow \mathbb{R}$
, $S$
$S=\{z\in V\cross \mathbb{R}|y_{n}=r(z_{1}, \ldots, z_{n-1},x_{n})\}$
. , $S$ $\mathbb{C}^{n}$ $p_{0}=(0^{*}, 0)\in V\cross \mathbb{R}$ , $S$ $Po$
$T_{p0}(S)$ $=0$ . , $S$ $p_{0}$ $N_{P0}(S)$
$z_{1}=\cdots=z_{n-1}=x_{n}=0$ , $y\in \mathbb{R}$ $p_{y}:=$ $(0$ , $\sqrt{}$ $y)\in N_{Po}(S)$ $|y|$
$\delta_{S}(p_{y})=$ dist $(p_{y},po)=|y|$ .
$S$ 2
$\Omega_{-}=\{z\in V\cross \mathbb{R}|y_{n}<r(z_{1}, \ldots, z_{n-1}, x_{n})\}$
$\Omega_{+}=\{z\in V\cross \mathbb{R}|y_{n}>r(z_{1}, \ldots, z_{n-1},x_{n})\}$
, $S$
$\delta_{S}^{*}(z)=\{\begin{array}{ll}-\delta_{S}(z), z\in\Omega_{-}\cup S\delta_{S}(z), z\in\Omega_{+}\end{array}$
. , 4 $n-1$
$H_{1}=( \frac{\partial^{2}(-r)}{\partial z_{i}\partial\overline{z}_{j}})(0^{*})$ , $H_{2}=( \frac{\partial^{2}(-r)}{\partial z_{i}\partial x_{n}}\cdot\frac{\partial^{2}(-r)}{\partial\overline{z}_{j}\partial x_{n}})(0^{*})$
$S_{1}=( \frac{\partial^{2}(-r)}{\partial z_{i}\partial z_{j}})(0’)$ , $S_{2}=( \frac{\partial^{2}(-r)}{\partial z_{i}\partial x_{n}}\cdot\frac{\partial^{2}(-r)}{\partial z_{j}\partial x_{n}})(0^{*})$
, $y\in \mathbb{R}$
$c(y)=[1+y \cdot\frac{\partial^{2}(-r)}{\partial x_{n}\partial x_{n}}(0^{*})]^{-1}$
. $H_{1},$ $H_{2}$ Hermite , $S_{1},$ $S_{2}$ .









, $H(y),$ $S(y)$ , $H(y)=H_{1}-y\cdot c(y)H_{2},$ $S(y)=S_{1}-\cdot y\cdot c(y)S_{2}$
Hermite , .
, 2 Hermite $\Phi$ “ $(p_{y})$ $A(y)$ , $|y|<\epsilon$ , signature
. , $-\log\delta_{S}$ $S$
. ,
$( \frac{\partial^{2}(-\log\delta_{S})}{\partial z_{i}\partial\overline{z}_{j}})(p_{y})=-\frac{1}{y}(\frac{\partial^{2}\delta_{S}^{*}}{\partial z_{i}\partial\overline{z}_{j}})(p_{y})$
, Hermite $A(y)/y$ .
, , Hermite $H$ , , $H>0$ ,
$H\geq 0$ .
1 Hermite $A(y)/y$ .
(i) $-A(y)/y\geq 0(-\epsilon<y<0)\Leftrightarrow H_{1}\geq 0$
(ii) $-A(y)/y>0(-\epsilon<y<0)\Leftrightarrow H_{1}\geq 0,$ $H_{1}+H_{2}+S_{1}\overline{S}_{1}>0$
(iii) $-A(y)/y>0(0<|y|<\epsilon)\Leftrightarrow H_{1}=O,$ $H_{2}+S_{1}\overline{S}_{1}>0$
.
4([17]) $-\log\delta_{S}$ .
(i) $-\log\delta_{S}$ $p_{y}(-\epsilon<y<0)$ ( )
, $H_{1}\geq 0$ .
(ii) $-\log\delta_{S}$ $p_{y}(-\epsilon<y<0)$
, $H_{1}\geq 0$ $H_{1}+H_{2}+S_{1}\overline{S}_{1}>0$ .
(iii) $-\log\delta_{S}$ $p_{y}(0<|y|<\epsilon)$
, $H_{1}=O$ $H_{2}+S_{1}\overline{S}_{1}>0$ .
, $H_{2}+S_{1}\overline{S}_{1}>0$
$\rho_{1}(z_{1}, \ldots, z_{n})=y_{n}-r(z_{1}, \ldots, z_{n-1}, x_{n})$
49
, $n-1$ $S_{1},$ $H_{2}$




$\frac{\partial^{2}(-r)}{\partial x_{n}\partial z_{n-1}})(0^{*})=2$ . $( \frac{\partial^{2}\rho_{1}}{\partial z_{n}\partial z_{1}},$
$\ldots,$
$\frac{\partial^{2}\rho_{1}}{\partial z_{n}\partial z_{n-1}})(p_{0})$
. , $(n, n-1)$- $S$




2 $H_{2}+S_{1}\overline{S}_{1}>0\Leftrightarrow$ rank $S=n-1$
, $\rho(d\rho\neq 0)$ , $\mathbb{C}^{n}$ $C^{2}$ $S$ .
$-\log\delta_{S}$ , $z\in S$ $T_{z}^{1,0}(S)$ ,
.
6 (Levi form (2) [17]) $S$ $\mathbb{C}^{n}$ $C^{2}$ , $\rho(d\rho\neq 0)$
$S$ , $-\log\delta_{S}$ .
(i) $\log\delta_{S}$ $S$ $\rho<0$ ( )
, $n$ Hermite
$( \frac{\partial^{2}\rho}{\partial z_{i}\partial\overline{z}_{j}})$
, $z\in S$ , $T_{z}^{1,0}(S)$ Hermite .
(ii) $-\log\delta_{S}$ $S$ $\rho<0$
, 2 $n$ Hermite
$( \frac{\partial^{2}\rho}{\partial z_{i}\partial\overline{z}_{j}})$ , $( \frac{\partial^{2}\rho}{\partial z_{i}\partial\overline{z}_{j}})+(\frac{\partial^{2}\rho}{\partial z_{i}\partial z_{j}})(\frac{\partial^{2}\rho}{\partial\overline{z}_{i}\partial\overline{z}_{j}})$
, $z\in S$ , $T_{z}^{1,0}(S)$ Hermite ,
.
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(iii) $\log\delta_{S}$ $S$ $\rho\neq 0$
, $S$ Levi , $n$
$\frac{\partial^{2}\rho}{\partial z_{i}\partial z_{j}}$
, $z\in S$ , $T_{z}^{1,0}(S)$ maximal rank $n-1$
.
(i), (ii), (iii) $S$ , $S$ $\rho$
. , $S$
$\rho_{1}(z_{1}, \ldots, z_{n})=y_{n}-r(z_{1}, \ldots, z_{n-1}, x_{n})$ ,
.
4 6(i) $S$ , Levi .
7
, $\mathbb{C}^{n}$ $S$ , $-\log\delta_{S}$ 1 Levi form
, Levi form . , \S 1
1, 2 . , ,
, Levi form ,
. $-\log\delta_{S}$ Levi form , $1$ $1$
$S$ , Levi
form , (cf. \S 5, 4). , $S$
$\mathbb{P}^{n}$ , K\"ahler $Levi$ form
, $S\subset \mathbb{C}^{n}$ , $S$ $\rho(d\rho\neq 0)$
Levi form .
, , $S\subset \mathbb{C}^{n}$ $\rho$ $| grad\rho|^{2}=\sum_{i=1}^{n}|\partial\rho/\partial z_{i}|^{2}=1$
, Levi form (Lagrange
) Levi form . , .
$S$ $\mathbb{C}^{n}$ $C^{2}$ , $\rho$ $S$ $|grad\rho|\equiv 1$ . $\rho$
2 , 2 $n$
$H(z)=( \frac{\partial^{2}\rho}{\partial z_{i}\partial\overline{z}_{j}})_{1\leq i_{\dagger}j\leq n}$ $S(z)=( \frac{\partial^{2}\rho}{\partial z_{i}\partial z_{j}})_{1\leq i_{9}j\leq n}$
. $H(z)$ Hermite (complex Hessian matrix), $S(z)$ (holo-
morphic Hessian matrix) . , $\delta^{*}:=\delta_{s}^{*}$ $S$ $(\rho(z)<0$
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$\delta^{*}(z)<0)$ , $z\in \mathbb{C}^{n},$ $p\in S$
$M(z,p)=H(p)-\delta^{*}(z)S(p)[E+\delta^{*}(z)\overline{H}(p)]^{-1}\overline{S}(p)$
. , $z\in \mathbb{C}^{n},$ $p\in S,$ $\delta_{S}(z)=$ dist $(z,p)$ $\delta_{S}(z)$
$( \frac{\partial^{2}\delta^{*}}{\partial z_{i}\partial\overline{z}_{j}})(z)=\frac{1}{2}\cdot M(z,p)[E+\delta^{*}(z)M(z,p)]^{-1}$
.
, \S 5, 6 . $S$ $\rho$
, $|grad\rho|\equiv 1$ , $\rho=2\cdot\delta_{s}^{*}$ . $S$ $\rho(d\rho\neq 0)$
Levi form , .
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